1. Introduction. The theory of intermediate problems introduced by A. Weinstein in 1935 has not only been of great importance in its application to the numerical computation of lower bounds for eigenvalues, but has also been useful in the investigation of many general questions of a purely theoretical nature. Among these results, let us mention Weinstein's new maximum-minimum theory [l] , [2], Stenger's analogous treatment of Poincaré's inequalities [3] , and a remarkable inequality of Aronszajn [5, p. 476] . In this paper we give a seemingly new inequality, which is in a sense complementary to Aronszajn's inequality.
2. The new inequality. Let A be a self-adjoint linear operator, defined on a dense subspace D of a complex Hubert space H having the scalar product (u, v) . Let H' be a closed subspace of H y and let H"=HeH'.
Denote by P' and P" the projections onto H' and H", respectively. We assume that the lower parts of the spectra of (i) A, (ii) P'AP', and (iii) P"AP which proves the theorem. The inequality (1) is a counterpart to the inequality of Aronszajn (5) X/ + X," ^X^x, t,y« 1, 2, ..., which is true for nonpositive compact operators. In another paper we shall give the necessary and sufficient conditions, on the spaces H' and if", in order that equality hold in the inequality (5).
3. Application. We now give an application of our inequality (1) to the uniform estimation of the error in This inequality comes directly from a maximum-minimum principle, while Aronszajn's inequality (5) requires the above lemma, in addition to a maximum-minimum principle. For recent expositions of the theory of intermediate problems see the books by G. Fichera [7] and S. H. Gould [8] and the paper of J. B. Diaz [9] .
